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Abstract

As databases increasingly integrate non-textual multimedia information it is becoming necessary to

support eÆcient similarity searching in addition to range searching. Range and nearest-neighbor (simi-

larity) queries are the most important class of queries for multimedia and multi-dimensional databases.

Due to the large sizes of the datasets involved, I/O is a critical factor limiting performance. The use

of parallel I/O through declustering of the data is a promising approach to improve performance. Con-

sequently several research e�orts have addressed the problem of declustering multidimensional data for

optimizing range and partial match queries. Very limited work has been done for similarity queries,

and the problem of declustering for combined range and similarity queries has not been addressed in

the literature. Consider a dataset of images where the following metadata for each image is also stored:

date on which the picture was taken, longitude and latitude of the site of the picture. An example of

a combined query is: Given a target image, �nd the 5 most similar images taken within 3 months of

the target image and located within 2 degrees of longitude and latitude of the target image. In order to

answer this query, it is necessary to conduct a range search on the date, longitude and latitude values

and a similarity search on the image content.

In this paper, we develop new declustering schemes that provide good declustering for similarity

searching. In addition, we show that the new schemes have very good performance for range queries as

well as combination queries. The new schemes are based upon the Cyclic declustering schemes which

were developed for range and partial match queries. The Cyclic schemes not only provide superior

performance to earlier schemes, but are also very robust and consistent with respect to query types and

variations in system parameters.

Keywords: Multi-dimensional Declustering; Parallel I/O; Cyclic Allocation.

1 Introduction

As databases increasingly integrate non-textual multimedia information it is becoming necessary to support

eÆcient similarity searching in addition to range searching. Range and nearest-neighbor (similarity) queries
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NSF CAREER Award IIS-9985019.
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are the most important class of queries for multimedia and multi-dimensional databases. In order to automate

similarity searching, it is �rst necessary to de�ne a similarity measure. The most common approach is to map

each data object into a high-dimensional space such that the distance between two such points is a measure of

the similarity between the corresponding data objects { the closer the points in the high-dimensional space,

the more similar the data objects [MM96, Jag91]. The number of dimensions necessary for satisfactory

mapping can be very large, and dimensionality reduction techniques are �rst employed to reduce the number

of dimensions to smaller values [AFS93]. Searching for similar objects therefore transforms into a problem

of locating the nearest points. A nearest-neighbor query is evaluated as follows. Given a query data object

for which the most similar object(s) are to be found from a collection of objects, the object is �rst mapped

into the high-dimensional space. Next, the nearest point(s) from among all the points in the database is(are)

determined. The object(s) corresponding to these points are the object(s) most similar to the query object.

Consider a dataset of images where the following metadata for each image is also stored: date on which

the picture was taken, longitude and latitude of the site of the picture. An example of a combined query is:

Given a target image, �nd the 5 most similar images taken within 3 months of the target image and located

within 2 degrees of longitude and latitude of the target image. In order to answer this query, it is necessary

to conduct a range search on the date, longitude and latitude values and a similarity search on the image

content. Such queries are also important for applications in astronomy [SKT+00].

Due to the large sizes of the datasets involved, I/O is a critical factor limiting performance for these

applications. The use of parallel I/O through declustering of the data among parallel I/O devices to improve

performance is a well known technique. Searching for the nearest points in such high-dimensional space is a

very I/O intensive operation. Several index structures have been proposed in the literature that signi�cantly

improve the search operation in multidimensional spaces. Some examples of these include the R-tree [Gut84],

R�-tree [BKSS90], the X-tree [BKK96], HB-tree [LS90], GiST [HNP95] and others [WJ96, Rob81, KS91,

Gun89]. The performance of these structures is good for few dimensions, but as the number of dimensions

increases beyond 10, the performance degrades signi�cantly [AFS93]. An e�ective technique for improving

the performance of the index structures is to employ parallelism. The major bottleneck is the large number

of disk I/O operations that need to be performed. This number typically grows rapidly as the number

of dimensions increases. Therefore the key to improving the performance is distributing the data among

several I/O devices such that the data retrieved by any query is evenly spread across all the I/O devices

(typically disks). Ghandeharizadeh, DeWitt and Qureshi [GD90, GD92] demonstrated, using simulation, that

declustering data on multiple disks results in signi�cant improvements in response time for range queries.

Consequently several research e�orts have addressed the problem of declustering multidimensional data

for optimizing range and partial match queries. Very limited work has been done for similarity queries,

and the problem of declustering for combined range and similarity queries has not been addressed in the

literature. The problem of declustering a high-dimensional space across multiple disks has been well studied

in the context of relational databases, where the goal has been to improve the performance of range and

partial match queries. Prominent examples of such declustering schemes are HCAM [FB93], Fieldwise

Exclusive or FX [KP88] and CMD [LSR92] or Disk Modulo [DS82] and error-correction based techniques

[FM89, AE93]. In [BBB+97], a new declustering technique is developed that optimizes data allocation on

multiple disks for nearest-neighbor queries. The authors argue that the existing declustering techniques

do not generate adequate declustering for nearest-neighbor queries. Through experimentation, it is shown

that their approach gives much better performance for nearest-neighbor queries as compared to the HCAM
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approach, which has been shown to give superior performance for square range queries in two dimensions

[FB93].

In recent studies [PAAE98, PAE98c, PAE98b, PAE98a], we proposed a new class of declustering algo-

rithms called Cyclic allocation schemes for range queries on multi-dimensional data. The schemes give the

best declustering performance for range and partial match queries. It is also shown that the performance of

the HCAM approach degrades when non-square queries are considered. The performance of HCAM for the

nearest-neighbor queries is also found to be poor (achieving a speed-up of only 3 with 16 disks) [BBB+97].

The new approach developed in [BBB+97] limits the number of divisions along each dimension to 1. Also, the

availability of additional disks does not improve the performance of the declustering. The other approaches

do not su�er from these limitations. In this paper, we propose a new scheme which provides good declus-

tering for similarity searching. In particular, it does global declustering as opposed to local declustering,

exploits the availability of extra disks and does not restrict the partitioning of the data space. We establish,

in general, that Cyclic declustering techniques outperform previously proposed techniques.

In this paper, we develop new declustering schemes that provide good declustering for similarity search-

ing. In addition, we show that the new schemes have very good performance for range queries as well as

combination queries. The new schemes are based upon the Cyclic declustering schemes which were devel-

oped for range and partial match queries. The new schemes not only provide superior performance to earlier

schemes, but are also very robust and consistent with respect to variations in system parameters or queries.

The rest of the paper is organized as follows. A brief description of the problem of declustering for

nearest-neighbor searches is given in Section 2. In Section 3, the previous approaches for declustering data

are presented. In Section 4 we present our new Cyclic allocation scheme. In Section 5, the performance of

our scheme in comparison to previously proposed schemes is analyzed, and Section 6 concludes the paper.

2 Similarity and Range Queries

Similarity searching can be de�ned formally in one of two ways: as a k�nearest-neighbors (kNN) query:
De�nition 1 Given a collection of d-dimensional points, C, a query point, p, and a number, k, �nd the set

of points, N , such that there are k points in N from the set C, and p is closer to each of the points in N
than any other point in C. In other words,

k �Nearest Neighbor(p) = N = fqjq 2 C and 8r 2 C; kr � pk � kq � pkg and jN j = k

where kvk is the norm or length of vector v.

or as an �-range query:

De�nition 2 Given a collection of d-dimensional points, C, a query point, p, and a distance �, �nd the set

of points, N , that are within a distance (Euclidean) of � or less from p. In other words,

N = fqjq 2 C and kq � pk � �g
In order to distribute the data points across the disks, the domain is �rst divided into smaller parts, called

buckets. This is typically achieved by dividing each dimension into several parts. Each bucket is then

identi�ed by a set of numbers or coordinates corresponding to each dimension.

We borrow and extend the de�nitions of direct and indirect neighbors from [BBB+97] (the model in their

paper does not allow splitting any dimension into more than two parts).
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De�nition 3 Two buckets are direct neighbors if their coordinates di�er in only one dimension. Moreover,

the magnitude of the di�erence in the coordinates should be 1.

Thus, in two dimensions, bucket (i; j) is a direct neighbor of buckets (i+1; j); (i�1; j); (i; j+1) and (i; j�1),
if they exist.

De�nition 4 Two buckets are indirect neighbors if their coordinates di�er in only two dimensions. More-

over, the magnitude of the di�erence in both dimensions should be 1.

Thus, in two dimensions, bucket (i; j) is an indirect neighbor of buckets (i�1; j�1); (i�1; j+1); (i+1; j�1) and
(i+1; j+1), if they exist. Note that these de�nitions hold for any number of dimensions. Similarly, buckets

whose coordinates di�er by 1 in exactly three dimensions can be said to be doubly indirect neighbors and

so on.

As was established in [BBB+97], for d dimensions, the likelihood that data will be clustered around

the (d � 1)-dimensional surface increases as d becomes larger. Consequently, the need to access direct

and indirect neighbors when searching for nearest-neighbors becomes greater. Therefore it is important to

e�ectively decluster direct and indirect neighbors. The scheme proposed in this paper not only optimizes for

direct and indirect neighbors, but aims at more global declustering, wherein doubly indirect neighbors and

so on are also declustered.

For ease of exposition, we consider the case of only two dimensions. An example of a set of points in

two-dimensional space is given in Figure 1(a). These are the points to which the objects in the database

are mapped. In order to decluster the data over multiple disks, it is �rst necessary to divide it into buckets.

The region is partitioned into 64 buckets by dividing each dimension into 8 parts. Each bucket can then be

identi�ed by the two coordinates in each dimension. Let the horizontal coordinate be the �rst coordinate

and the vertical coordinate be the second. The coordinate values are assumed to go from 0 through 7 as

shown in Figure 1(a). Thus the top-left corner bucket is identi�ed as (0; 0), and the bottom-right corner

bucket as (7; 7).
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Figure 1: Data points in 2-dimensional space

A nearest-neighbor search would proceed as follows. Given the query point, the bucket containing the

query point is �rst retrieved from the disk. The data points contained in that bucket are analyzed to

determine the point that is closest to the query point. Then, depending upon the distance to the closest
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point and the location of the query point in the bucket, di�erent steps need to be taken. Consider a query

asking for the nearest-neighbor of point A in bucket (1; 6), as shown in Figure 1(b). The nearest point in

that bucket is point B. As can be seen from the circle centered at A and passing through B, no other bucket

can have any point closer to A than B. Therefore, the search for the nearest-neighbor of A concludes with

the retrieval of one bucket. On the other hand, if the query were to �nd the nearest-neighbor of point B,

then bucket (1; 6) would again be retrieved �rst. Point A is found to be the closest neighbor of point B,

however, there are other buckets which can have points closer to B than A, as can be seen from the circle

centered at B and passing through A. This circle passes through buckets (0; 6); (0; 7) and (1; 7). Thus it is

necessary to retrieve these buckets and look for the nearest-neighbor of B, which in this case is a point in

bucket (1; 7). Therefore, if the three buckets were assigned to three di�erent disks, they could be retrieved

in one parallel disk I/O, as opposed to making three sequential disk I/Os from a single disk.

Two other examples of queries are also shown in Figure 1(b). In searching for the nearest-neighbor of

point C, the nearest point in its bucket is point D. The circle to point D passes through four other buckets -

(3; 2); (2; 3); (3; 4) and (4; 3), which are the direct neighbors of bucket (3; 3). Thus the direct neighbors could

be retrieved in parallel to speed up the search. Note that it is not necessary to retrieve the indirect neighbors

(buckets (2; 2); (4; 2); (2; 4) and (4; 4)) of the bucket containing point C because the distance to D is smaller

than the shortest distance to any of these buckets). In the case of point E, no other point is found in bucket

(5; 5). Thus, all direct neighbors are �rst searched { i.e. buckets (4; 5); (5; 4); (5; 6) and (6; 5). These can be

retrieved in parallel if they have been declustered. Since the nearest-neighbor found from these buckets is

point F, it is necessary to retrieve all indirect neighbors too, which could also be fetched in parallel. (Note

that (0; 6) and (1; 7) are direct neighbors and (0; 7) is an indirect neighbor.) Alternatively, all direct and

indirect neighbors could be retrieved at the same time.
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Figure 2: Example for 3 dimensional data

From the example of point B, it can be seen that it may be necessary to retrieve the direct and indirect

neighbors in one step. In higher dimensions, the likelihood of such access increases. Consider the example

shown in Figure 2, where A is the query point, and B is a point in the same bucket as A and is the closest

such point. In three dimensions, we need to search all buckets that intersect the sphere centered at A and

passing through B. The radius of this sphere can be large enough to makes it necessary to search the indirect

neighbors as well as the direct neighbors. This can be seen from the arc shown in the �gure corresponding

to the intersection of the x�y plane and the sphere. Thus it would be bene�cial to retrieve all the direct
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Symbol Meaning

M Number of Disks

d Number of Dimensions

Ni Number of Buckets in Dimension i

xi Coordinate of Bucket in Dimension i

Table 1: Meaning of symbols used

and indirect neighbors of (0; 0; 0) in parallel. Note that it may be necessary to examine buckets which are

not just direct or indirect neighbors, depending upon the points already retrieved. If the query is to �nd the

k nearest-neighbors, then the circle (or hyper sphere) that determines which buckets should be examined is

the one that passes through the current kth nearest-neighbor.

3 Related Work

In this section we review the declustering schemes that have been proposed in the literature. The focus has

been on Range and Partial Match queries. The only studies addressing similarity queries are [BHKS93] and

[PAE98b]. There has been no work on the problem of concurrent range and similarity queries or queries

with combined range and similarity components. In the following discussion, it is assumed that the domain

in each dimension is divided into several parts, thus yielding a collection of buckets, e.g., if each dimension

of a 5-dimensional space is divided into four parts, we get 45 = 1024 5-dimensional buckets. We use Ni to

denote the number of buckets in dimension i. If the number of buckets in each dimension is the same, then

N will be used to represent this number. Each bucket is identi�ed by a set of coordinates: (x0; x1; � � � ; xd�1)

for a d-dimensional space, where each coordinate, xj is in the range [0; Nj�1] since dimension j is divided

into Nj parts. Also, M represents the number of disks over which the buckets are to be declustered, and d

is the number of dimensions. The meaning of each symbol is summarized in Table 1.

The Disk Modulo or DM approach [DS82] allocates bucket (x0; x1; � � � ; xd�1) to disk

(

d�1X
j=0

xj) modM:

The Fieldwise eXclusive or FX approach [KP88] allocates the same bucket to disk

(b0 � b1 � � � � � bd�1) modM

where bj is the binary representation of xj and � represents the bitwise exclusive-OR operator. The HCAM

approach [FB93], allocates the bucket to disk

hilbert order(x0 ; x1; � � � ; xd�1) modM

where the function hilbert order() returns the Hilbert sequence of the input coordinates. The Hilbert

sequence maps a multidimensional space into a linear order. Figure 3 shows the allocation generated for a

2-dimensional space with N =8 and M =5, i.e., eight buckets in each dimension and 5 disks. Figure 3(a)

shows the allocation generated by the DM scheme, Figure 3(b) shows the allocation generated by the FX
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Figure 3: Allocation generated by existing methods

scheme and Figure 3(c) shows the allocation for HCAM. The order generated by the Hilbert curve is also

shown by the directed lines beginning at the top left corner.

The Cyclic allocation schemes [PAAE98, PAE98c], allocate bucket (x0; x1; � � � ; xd�1) to disk

(x0 + x1H1 + � � �+ xd�1Hd�1) modM

where the values H1 � � �Hd�1 are appropriately chosen to ensure good declustering. Di�erent combinations

of H1 � � �Hd�1, ranging from 1 through M�1, produce di�erent allocation schemes. Each of these is called a

Cyclic scheme. The DM allocation method is also a Cyclic scheme, where all skip values are one Hi=1; 1 �
i < d. The values of H1 � � �Hd�1, also called skip values, are the key factor determining the performance

of the Cyclic scheme. In [PAAE98] and [PAE98c], the problem of appropriate choices for range queries was

investigated. It was shown that for range queries, a good choice of skip values depends entirely upon M {

the number of parallel disks or I/O devices. Three di�erent techniques for determining an appropriate choice

of skips are also described in [PAAE98, PAE98c]. For range queries, an important criterion is that the skip

values should be relatively prime with respect to M and be distinct from each other. The two methods for

identifying good choices of skip values that are applicable to any number of dimensions are the GFIB, or

Generalized Fibonacci method and the EXH or exhaustive methods.

The GFIB techniques is based upon Fibonacci numbers and is an extension of a declustering scheme

proposed earlier [CLRS86] for improving the performance of raster graphics displays. The original scheme

is restrictive because it limits the number of disks to odd order Fibonacci numbers. The GFIB scheme

works as follows. Let us �rst assume that M is a Fibonacci number, Fk. It is shown experimentally in

[PAAE98, PAE98c] that choosing the skip values to be the preceding Fibonacci numbers, i.e. Hi = Fk�i,
where Fx is the xth Fibonacci number, gives very good performance. Generalizing this idea to other values

of M , we determine the \index", r, of M in the Fibonacci sequence and choose Hi to be a relatively prime

value close to the Fibonacci number corresponding to the index r�i. Note that in order to allow arbitrary
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values of M , we need to move from integral indices in the Fibonacci sequence to non-integral indices. The

explicit closed form formula for Fibonacci numbers and integral indices provides a convenient vehicle for

this:

Fk =
�k � �̂kp

5

where � is the golden ratio, 1+
p
5

2 and �̂ is its complement, 1�p5
2 . The allocation generated by GFIB is

shown in Figure 3(d).

The EXH method is a brute-force approach for picking the best combination of skip values. In order

to make the search tractable, several techniques for reducing the search space have been developed based

upon properties of the Cyclic schemes for range queries. We refer the reader to [PAE98c] for details. The

cost of the extensive search is incurred only in identifying a good choice of skip values for a given number

of dimensions and M . The choice is independent of other parameters such as the tiling of the data space.

The EXH scheme is currently the best declustering scheme for range queries, giving superior and stable

performance in all experiments considered.

Recently, the Golden Ratio Sequence (GRS) [BSC00] schemes have been proposed for range queries. These

schemes are based upon techniques for maximal spreading of codes for transmission. The GRS scheme uses

a permutation to determine the allocation of the objects. It can be de�ned as follows:

�GRS(x0; x1) = (x0 ���1((x1) modM)) modM

where ��1 is the inverse mapping of �. The mapping � is a permutation of the set f0; 1; � � � ;M � 1g. The
permutation is computed as follows: i) 8i 2 f0; � � � ;M�1g compute the fractional part of i=�, where � is the

golden ratio (de�ned later), and call it ki. ii) Sort the ki values and use this order to de�ne the permutation

�. Two extensions of this scheme for multiple dimensions have also been proposed in [BSC00].

The relative performance of the above schemes for range queries is studied in [PAAE98, PAE98c, BSC00].

The e�ectiveness of declustering achieved by each scheme is measured as follows. For a query which retrieves

A buckets, an optimal declustering would result in no more than d A
M
e buckets being allocated to any one of

the M disks. This therefore represents the optimal or minimum cost for the query. It should be pointed out

that declustering schemes that achieve optimal declustering for all range queries exist in only very limited

cases [AE97]. The cost for evaluating the query with a particular declustering scheme is given by the largest

number of buckets retrieved from a single disk. The ratio of this cost to the optimal cost is taken to be a

measure of the quality of the declustering for that query. This ratio is averaged over all possible queries to

yield a single ratio for each scheme and value of M . An overall ratio of 1 indicates that the declustering is

optimal. The higher the ratio, the poorer the declustering. Figure 4 shows the performance for the above

schemes for three and eight dimensional data. The x-axis gives the number of disks and the y-axis gives the

ratio that re
ects the performance of the query. It is clear to see that the GFIB Cyclic schemes outperforms

all the other schemes for all values of M for range queries.

In [BBB+97], an allocation scheme for declustering buckets to optimize nearest-neighbor queries is pre-

sented. This scheme requires that each dimension be divided into exactly two parts, thus the value of each

coordinate is either 0 or 1. Each bucket can therefore be identi�ed by a binary number, where each bit

identi�es the bucket in each dimension. The authors argue that a nearest-neighbor query in high-dimensions

needs to access direct and indirect neighbors of the bucket containing the query point. Therefore, the goal of

their allocation scheme is to ensure that any two buckets that are direct or indirect neighbors of each other,
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Figure 4: Relative performance for Range queries

are allocated to di�erent disks. They de�ne such an allocation to be near-optimal. It is shown that DM,

FX and HCAM do not achieve near-optimal declustering. Given a bucket (x0; x1; � � � ; xd�1), the [BBB
+97]

scheme assigns it to disk  
d�1M
i=0

(
i+ 1 if xi = 1

0 otherwise

!
10

where� is the bitwise exclusive-OR operator. This allocation guarantees near-optimal declustering, assuming

that there are enough disks available. The number of disks required is given by 2dlog2(d+1)e. In the rest of

the paper, we will therefore call their scheme Near-optimal Declustering, or NoD. If there are less disks than

the required number, then higher disk numbers are mapped to lower numbers. However, if there are more

disks available then the required number, the NoD approach does not use the extra disks { thus the extra

disks are wasted.

Through experiments, it is shown in [BBB+97] that the performance of 10 nearest-neighbors queries is

improved by almost a linear factor in the number of disks through declustering using NoD. The HCAM

approach is able to achieve only a two fold improvement using 16 disks. Therefore, the NoD approach gives

almost a factor of 5 improvement over HCAM for 16 disks. The experiments reported are for 15 dimensions,

and up to 16 disks. Note that 16 disks are suÆcient to ensure a near-optimal declustering for a 15-dimensional

space using NoD declustering. The success of NoD is attributed to the near-optimal declustering achieved.

In Figure 5, the ability of the two approaches to achieve near-optimal declustering is shown. The x-axis

gives the number of disks and the y-axis gives the total number of pairs of buckets that are direct or indirect

neighbors and are allocated to the same disk. Therefore, a count of 0 implies that near-optimal declustering

has been achieved. The number of dimensions for the experiment is 15. It can be seen that NoD achieves

near-optimal declustering as soon as 16 disks are available. HCAM, on the other hand, does not achieve

near-optimal declustering even for 32 disks. In fact, we expect that HCAM will not achieve near-optimal

declustering for even much larger numbers of disks.

9
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Figure 5: Comparison of HCAM and NoD for 15 Dimensions

4 Cyclic declustering for similarity search

In this section we develop a new disk allocation method for optimizing the performance of similarity queries

based upon the class of Cyclic allocation schemes [PAAE98, PAE98c]. The Cyclic schemes allocate bucket

(x0; x1; � � � ; xd�1), to disk

(x0 �H0 + x1 �H1 + � � �+ xd�1 �Hd�1) modM

where the values of H0 � � �Hd�1 range from 1 � � �M�1. Di�erent choices of the skip values represent di�erent

schemes within the class. It was shown that the key to good performance is in the judicious choice of values

for the skips, H0 � � �Hd�1. The schemes developed in [PAAE98, PAE98c] were optimized for declustering

data for range queries.

As was observed in Section 2, a similarity search often involves the retrieval of direct neighbors, indirect

neighbors or both direct and indirect neighbors. Therefore, it is important that direct and indirect neighbors

be declustered across the disks. Direct neighbors di�er by 1 in only one dimension, therefore they will be

allocated to disks that are �Hj apart, if they di�er in dimension j. Thus if all the Hj values are non-zero,

no two direct neighbors will be allocated to the same disk. Similarly, indirect neighbors di�er by 1 in exactly

two dimensions. Thus they would be allocated to disks that are (�Hj �Hk) modM apart, if they di�er in

dimensions j and k. Therefore, if no two H values add up to, or di�er by, M or a multiple of M , then no

two indirect neighbors will be allocated to the same disk. Lemmas 1 and 2 establish these statements more

formally.

Lemma 1 If all the skip values in a Cyclic scheme are non-zero (modulo M), then no two direct neighbors

are allocated to the same disk.

Proof: Let any bucket (x0; x1; � � � ; xd�1), be allocated to disk D. Therefore:

(x0 �H0 + x1 �H1 + � � �+ xd�1 �Hd�1) modM = D

10



A direct neighbor of this bucket must have exactly the same coordinates in d�1 dimensions, and must di�er

by �1 in one dimension. Let the di�ering dimension be j. Therefore, the direct neighbor will be allocated

to disk:

D0 = (x0 �H0 + x1 �H1 + � � �+ xd�1 �Hd�1 �Hj) modM

Using the following well known properties of the modulo operator:

(a+ b) mod c = ((a mod c) + (b mod c)) mod c

(a� b) mod c = ((a mod c)� (b mod c)) mod c

(a+ b) mod c = a) b � 0(modc)

we see that D0 = (D �Hj) modM . Therefore, D0 can be equal to D if and only if Hj � 0(modM). Since

we ensure that no value of H is equal to 0 (modulo M), we are assured that no two direct neighbors will be

allocated to the same disk. 2

Lemma 2 If neither the sum nor the di�erence of any two skip values in a Cyclic scheme equals 0 (modulo

M), then no two indirect neighbors are allocated to the same disk.

Proof: Let any bucket (x0; x1; � � � ; xd�1), be allocated to disk D. Therefore:

(x0 �H0 + x1 �H1 + � � �+ xd�1 �Hd�1) modM = D

An indirect neighbor of this bucket must di�er in only two coordinates by �1. Let the di�ering dimensions
be j and k. The indirect neighbor is therefore allocated to disk:

D0 = (x0 �H0 + x1 �H1 + � � �+ xd�1 �Hd�1 �Hj �Hk) modM

i.e. D0 = (D � Hj � Hk) modM . Using the above properties of the modulo operator, we once again see

that D0 = D if and only if either Hj +Hk � 0(modM) or Hj �Hk � 0(modM). (Note that the other two

cases are also covered because a 6� 0(modM)) (�a) 6� 0(modM). Since such a choice of skip values is not

allowed by the lemma, we see that no two indirect neighbors will be allocated to the same disk. 2

These two lemmas provide the suÆcient and necessary conditions for a Cyclic allocation to provide near-

optimal declustering. Note however, that in order to obtain d skip values, a minimum number of disks is

required. We now show that for d-dimensions, 2d disks are suÆcient.

Theorem 1 For a d-dimensional space, it is possible to �nd d values that satisfy Lemmas 1 and 2 if 2d

disks are available.

Proof: Pick the skip values to be 1; 2; � � � ; d, and let M = 2d. Since none of these values are equal to 0, or

larger than M , Lemma 1 is satis�ed. Since all H values (with the exception of d) are smaller than M=2, no

two can add up to M . Also, since there is only one value of H that equals M=2, and all other values are

smaller than M=2, no two H values can add up to M or more. Since all values are di�erent no two values

can have a di�erence of 0. Since all values are positive and less than M , no two can have a di�erence greater

than or equal to M . Therefore Lemma 2 is also satis�ed. Thus with this choice of H values, no two direct

or indirect neighbors are allocated to the same disk. 2

Cyclic Allocation Scheme for Similarity Queries The Cyclic approach requires a choice of skip

values. The speci�c values chosen result in di�erent performance. We now develop a Cyclic based allocation

11
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Figure 6: (a) Disk requirements for achieving near-optimal declustering; (b) NoD declustering for d = 3,

M = 4

method that achieves near-optimal declustering. Based upon Lemmas 1 and 2 and Theorem 1, the Cyclic ap-

proach for near-optimal declustering is as follows. For d-dimensional data, allocate bucket (x0; x1; � � � ; xd�1)

to disk

(x0 �H0 + x1 �H1 + � � �+ xd�1 �Hd�1) modM

The choice of the skip values is made as follows:

� If d �M=2, choose the values to be 1; 2; � � � ; d.

� If M=2 < d < M , choose the �rst M=2 skips to be 1; 2; � � � ;M=2, then choose the next d �M=2 skips

to be M=2 + 1; � � � ;M�1.

� Otherwise, pick the �rstM�1 skips to be 1; 2; � � � ;M�1, and then cycle through the same values again.
From Lemmas 1 and 2, it is clear that this scheme guarantees near-optimal allocation if 2d disks are available.

Note that we could design other Cyclic schemes by choosing di�erent skip values so as to achieve other goals.

For example, if the goal is to ensure maximum parallelism for direct and indirect neighbors (i.e. all direct

and indirect neighbors of any bucket are on di�erent disks), in addition to the earlier conditions, we choose

skip values such that no two skip values add up to or di�er by a third skip value and that the sum or

di�erence of no two di�erent pairs of skip values is the same. Naturally, this may require more than 2d disks.

Alternatively, we could optimize for doubly indirect neighbors. It is not clear how the NoD scheme could be

modi�ed to provide such 
exibility.

Figure 6(a) shows the number of disks required for the Cyclic and NoD approaches to achieve Near-

Optimal declustering as a function of the number of dimensions. As can be seen, the NoD approach has a

lower requirement than the Cyclic approach. A lower bound on the number of disks required by any approach

that achieves near-optimal declustering is d+1. This follows from the following argument. Consider a bucket

B. In order to allocate direct neighbors of B to di�erent disks, it is necessary to have at least 2 disks - one

disk to which B is allocated and at least one other to which B's direct neighbors are allocated. Every pair

of direct neighbors of B, are also indirect neighbors of each other (this is because any two direct neighbors

di�er from B in one dimension, therefore they di�er from each other in two dimensions). Note that we are

limiting this discussion to the case N = 2 because NoD is not de�ned otherwise. Therefore no two direct

12



neighbors of B can be allocated to the same disk. The lower bound on the number of disks required to

achieve near-optimal declustering is therefore d+1, since there are d direct neighbors of each bucket. Thus

both approaches are within a factor of 2 of the lower bound. Moreover, the bound for Cyclic is a tight upper

bound for NoD.

It should be noted that although both approaches achieve near-optimal performance, the declustering

generated by the Cyclic approach ensures that no direct or indirect neighbors of any bucket are allocated

to the same disk. This is not true for NoD. Consider the case of three dimensions. NoD requires 4 disks

to achieve near-optimal declustering. Figure 6(b) shows the allocation generated by NoD. Each corner

represents the a bucket for a three-dimensional space. The number next to each corner is the disk to which

the corresponding tile is allocated by the NoD scheme. As we can see, for each bucket, there is a direct

neighbor and an indirect neighbor allocated to the same disk. For example, the two buckets allocated to disk

1 are direct and indirect neighbors of the buckets allocated to disk 0. This results in reduced parallelism

when direct and indirect neighbors are to be retrieved together.
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Figure 7: Near-Optimality for (a) 15 dimensions, and (b) 8 dimensions, (N = 2)

The relative performance of the various schemes in terms of achieving near-optimality is shown in Figures

7 (a) and (b) for 15 and 8 dimensions respectively with 2-way partitioning (i.e. N = 2). FX has extremely

poor performance, in fact it performs as though there were only two disks, irrespective of how many disks

are available. The reason for this is that each coordinate can be either 0 or 1 since this is 2-way partitioning.

Therefore, the value of the exclusive-OR can be only 0 or 1, hence only these two disks are ever used. DM

also has poor performance, which doesn't change beyond 3 disks. The constant behavior of DM is due to

the fact that any two buckets which have the same number of coordinates equal to 1, will be assigned to

the same disk. Therefore, all direct or indirect neighbors whose coordinates are permutations of the same

numbers will always be allocated to the same disk. This count remains constant as long as M is larger than

3. For lower values, even more direct or indirect neighbors have to be allocated to the same disk. HCAM

has very variable performance, depending largely upon the value of M . It is good for odd values of M but

poor for even values, particularly, for powers of 2. NoD is able to achieve near-optimal declustering with

as few as 16 disks. The performance of the Cyclic approach is very close to that of NoD, except that it

takes 30 disks for Cyclic to achieve near-optimal declustering. This di�erence depends upon the number of

dimensions. In Figure 7(b), the performance of all schemes is shown for 8 dimensions. Here we see that NoD

and Cyclic both generate near-optimal allocations with 16 disks. In general, for 2-way partitioning, NoD is
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able to achieve near-optimal declustering with fewer disks than Cyclic. Other than this di�erence, Cyclic

and NoD have performance very similar to each other.

Now we consider the case where the partitioning is not 2-way. In Figure 8 the performance of all schemes

is shown for 4-way partitioning with 8 dimensions. We note that the performance of FX has improved since

the coordinates now have two bits, thus up to four disks are useful. The performance of HCAM follows the

same pattern as for 2-way partitioning. The Cyclic scheme gives the best performance achieving near-optimal

declustering with 16 disks. The NoD scheme is not de�ned beyond 2-way partitioning.
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Figure 8: Near-Optimality for 8 dimensions, 4-way partitioning

An important restriction of NoD is that although it requires fewer disks for achieving near-optimal

allocations, it does not make use of more disks even if they are available. Thus any extra disks are wasted

instead of being used to improve the performance of the nearest-neighbor queries through greater parallel

I/O. The Cyclic scheme, on the other hand, makes use of all available disks, even when there are more disks

than are needed to achieve a near-optimal declustering (2d).

The near-optimal criterion does not accurately re
ect the quality of declustering achieved and it does

not take into account the number of disks available. Gains from parallelism are maximized when buckets

that are retrieved together are spread among all the disks as uniformly as possible.

5 Experimental Evaluation

5.1 Evaluation Setup

The various schemes are compared in terms of their reduction of I/O through parallelism. The I/O cost

of retrieving any set of buckets is given by the largest number of buckets retrieved from a single disk. The

goal of each scheme is to achieve optimal parallelism. Given M disks, the optimal cost for retrieving a set

of A tiles is given by d A
M
e. Thus an ideal declustering scheme would achieve the optimal cost for all sets
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of tiles retrieved for all queries. Currently no ideal schemes are known. For the case of range queries over

two-dimensional data, it has been established that ideal schemes exist only for very special cases [AE97].

Similarly, for the other cases it is expected that no ideal scheme exists for the general case. Even though

no ideal scheme is likely to exist, we use it as a reference against which to compare the other schemes. The

e�ectiveness of a scheme for a given query relative to the ideal scheme is given by the ratio of the cost for the

scheme divided by the cost of the ideal (d A
M
e). To measure the overall performance of the scheme we take

the average of this ratio over the set of queries of interest. Due to the very large number of possible queries,

randomly selected sets of 10,000 queries each were evaluated. The tests were repeated with di�erent sets of

random queries and showed very minor changes in performance. An average of 1.0 implies that the scheme

achieves ideal parallelism for all queries considered. The higher the ratio, the poorer the performance.

We present results for nearest-neighbor, range, and hybrid queries. The set of tiles to be retrieved for a

range query is exactly the set of tiles that overlap with the query. For the case of nearest-neighbor queries

we evaluate the performance for each of the potential sets of tiles to be retrieved in parallel as explained

earlier. In particular, the following sets are considered:

� Direct - retrieving all the direct neighbors of a bucket in parallel.

� Indirect - retrieving all the indirect neighbors of a bucket in parallel.

� Doubly Indirect - retrieving all the doubly indirect neighbors of a bucket in parallel.

� Direct + Indirect - retrieving all the direct and indirect neighbors of a bucket in parallel.

� Direct + Indirect + Doubly Indirect - retrieving all the direct, indirect and doubly indirect neighbors

of a bucket in parallel.

Note that other cost measures could be used (such as those involving triply indirect neighbors) but, as seen

earlier, the above �ve represent the most common sets of buckets that are retrieved together for nearest-

neighbor queries.

For the case of hybrid queries where a subset of the dimensions are queried using a range component

and the rest with a nearest-neighbor component, the concurrent sets are de�ned as follows. For the range

query dimensions, the coordinates considered are given by the ranges speci�ed in the query. For the other

dimensions, the coordinates considered are determined by the query point and the set of tiles being considered

(i.e, direct, indirect etc.). As an example consider a dataset with Ni = 4 for each dimension and d = 8.

For the following hybrid query: (0; 2); (2; 3); (1; 3); 2; 1; 0; 3; 1, the set of direct buckets is given by ([0::2] �
[2::3]� [1::3];�direct set other 5 dimensions). The direct set in the other 5 dimensions is de�ned to be the

set of all coordinates (i; j; k; l;m) which di�er from (2; 1; 0; 3; 1) in only one position by 1. Let the number

of buckets in the query set be S. In the above example S = 144 (3� 2� 3� (2� 2� 1� 1� 2)).

In the remainder of this section, the performance of the schemes for various sets of queries is presented.

All experiments were conducted using each of the schemes discussed earlier: NoD, HCAM, GFIB, EXH, NN,

FX, DM, GRS1, and GRS2. The performance for nearest-neighbor queries is discussed in Subsection 5.2.

Range query performance is presented in Subsection 5.3, and the performance for hybrid queries is presented

in Subsection 5.4. For each set of queries, we consider 2-way partitioning (N = 2), 4-way partitioning

(N = 4), and also a non-uniform partitioning with di�erent number of partitions in various dimensions.

For the case of nearest-neighbor queries, we show the results for 8 dimensions as well as 15 dimensions.

These two values are chosen because they represent the case where NoD and Cyclic have very di�erent disk
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requirements (15 dimensions) and the case where they have the same disk requirements (8 dimensions) for

achieving near-optimal declustering.

5.2 Nearest-Neighbor Queries

In this section we analyze the performance for nearest-neighbor queries. The case of 2-way partitioning is

discussed �rst. In Figure 9, the performance of the various schemes for 2-way partitioning with 8 dimensions

is shown. The performance for 15 dimensions is shown in Figure 10.

The FX and DM schemes give the poorest performance. This is not surprising since these schemes use only

a very small number of the disks available as explained earlier. The GRS2 scheme has poor performance and

is consistently poorer than most schemes except DM and FX. The performance of HCAM is highly variable.

For odd numbers of disks the performance is comparable to the Cyclic and NoD schemes and is the best

scheme for some numbers of disks. However for even numbers of disks, HCAM performs considerably poorer

than the Cyclic and NoD schemes. This e�ect is especially higher when the number of disks is a power of

two. These four schemes (FX, DM, GRS-2, and HCAM) consistently gave the poorest results in all our

experiments. We therefore omit their results and analysis in the remainder of the paper in order to focus on

the stronger schemes.

The performance of the Cyclic schemes, NoD and GRS1 is consistently better than that of the other

schemes (FX, DM, HCAM, and GRS2). Each of these schemes obtains signi�cantly higher levels of declus-

tering of direct and indirect neighbors consistently. Figures 11 (a) and (b) present the performance of only

these schemes for clarity for 8 and 15 dimensions respectively. The NN and EXH Cyclic schemes outperform

all other schemes and have very similar performance. With the exception of two cases (viz. M=9 andM=10)

they outperform NoD. The GFIB Cyclic scheme does not perform as well for higher numbers of disks, but is

better than NoD for most values of M . The GRS-1 scheme has quite variable performance. For most cases,

it is poorer than the EXH and NN schemes.

The performance of NN and EXH keeps improving as the number of disks increases. NoD, on the other

hand, shows no improvement in parallelism beyond 16 disks. This is because it does not utilize more than

16 disks irrespective of how many disks are available. As soon as 16 disks are available NoD achieves near-

optimal declustering. This however, does not mean that it achieves optimal parallelism as can been seen

from the graph (the performance should be 1 if optimal parallelism is achieved). Beyond this point, the

cost for executing a given query with NoD declustering does not change. However, as more disks become

available, the optimal cost keeps dropping thus the relative cost for NoD keeps increasing as seen in Figure 9.

The Cyclic schemes NN and EXH continue to exploit the extra disks and thus keep the relative cost lower.

From these results we can see that the EXH and NN Cyclic schemes are the most e�ective in increasing

parallel I/O when both direct and indirect neighbors are retrieved concurrently.

Let us now consider the declustering when only direct or only indirect neighbors are retrieved. Figure

12 shows the performance of all the schemes for 2-way partitioning and 8 dimensions based only on direct

neighbors. Similarly, Figure 13 shows the results when only indirect neighbors are retrieved for 8 dimensions.

For direct neighbors only, we see that NoD is able to achieve optimal declustering as soon as there are

16 disks. EXH and NN have very similar performance and also achieve optimal declustering as soon as 16

disks are available. With fewer disks, NoD is typically better than EXH and NN for direct neighbors, which

have comparable performance. For indirect neighbors however, the three schemes give performance similar

to their performance for both direct and indirect neighbors, i.e. EXH and NN have better performance for
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Figure 9: Parallel I/O for direct and indirect neighbors for 8 dimensions (2-way partitioning)
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Figure 10: Parallel I/O for direct plus indirect neighbors for 15 dimensions (2-way partitioning)
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Figure 11: Parallel I/O for direct plus indirect neighbors (2-way partitioning)

most values of M . Note that optimal performance for direct and indirect neighbors can be achieved by using

a di�erent cyclic scheme which ensures that all direct and indirect neighbors of the same bucket are allocated

to di�erent disks, as was mentioned in Section 4.

Declustering doubly indirect neighbors We now consider the ability of the schemes to decluster doubly

indirect neighbors. The goal is to show that the Cyclic approach achieves better declustering even for doubly

indirect neighbors, for which none of the schemes attempts to optimize explicitly. Both the NoD and NN

schemes attempt to ensure that no two direct or indirect neighbors are allocated to the same bucket. We

compare the schemes using two cost measures. The �rst is the cost for retrieving only doubly indirect

neighbors together and the second is the cost for retrieving direct, indirect, and doubly indirect neighbors

together.

In Figure 14, the costs for retrieving only doubly indirect neighbors is shown. The graph on the left is

for 8 dimensions and the graph on the right is for 15 dimensions. The tests are for 2-way partitioning. In

Figure 15, graphs for accessing direct, indirect and doubly indirect neighbors are shown. Note that the

performance of the other schemes is similar to that seen earlier and is not shown to improve readability of

the graphs. The GRS-1 and GFIB schemes again have variable performance. They are both generally poorer

than the EXH and NN schemes. The EXH and NN schemes achieve much better declustering than all other

schemes except for a couple of instances (Figure 15). Once again, the performance of NoD remains constant

beyond 16 disks. The Cyclic schemes show consistent and regular improvement tracking the lower bound

as the number of disks increase. Based upon these results we expect that for even higher levels of indirect

neighbors, the Cyclic approaches will continue to yield better performance.

Number of partitions Now we examine the behavior of the schemes for other than 2-way partitioning.

The performance of the schemes for 8 dimensions for 4-way partitioning is given in Figure 16. The relative

performance of all schemes is very much the same as that for a 2-way partitioning. Note however that the NoD

scheme is not applicable because there are more than two buckets in each dimension. EXH and NN achieve
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Figure 12: Parallel I/O direct neighbors (8 dimensions, 2-way partitioning)
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Figure 13: Parallel I/O for indirect neighbors (8 dimensions, 2-way partitioning)
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(a) 8 dimensions (b) 15 dimensions

Figure 14: Parallel I/O for doubly indirect neighbors
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(a) 8 dimensions (b) 15 dimensions

Figure 15: Parallel I/O for direct plus indirect plus doubly indirect neighbors
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Figure 16: Parallel I/O for direct and indirect neighbors (8 dimensions, 4-way partitioning)

the best performance in almost all cases. The results for a variable partitioning are shown in Figure 17. The

numbers of partitions in the 8 dimensions are N1 = 16; N2 = 16; N3 = 8; N4 = 8; N5 = 4; N6 = 4; N7 = 2 and

N8 = 2. From the graph we observe that the relative performance of most schemes does not signi�cantly

change.

From these results, it is clear that the EXH and NN Cyclic schemes achieve greatest parallelism for

nearest-neighbors queries. In those instances for which they do not achieve the best performance, they are

very close to the best scheme. This is not true of any other scheme. The performance of EXH and NN is

most stable, and generally better than any of the other schemes. This is true not only for direct and indirect

neighbors, but also for doubly indirect neighbors.

5.3 Range Queries

In this section we investigate the performance of the various declustering schemes for range queries. Two sets

of experiments are presented. The �rst experiment was conducted for 4-way partitioning (N = 4). Figure

18 shows the results for this experiment. From the graphs we see that the three Cyclic approaches give the

best performance consistently. The EXH and NN schemes have very similar performance. GFIB tends to

give poorer performance than the other two Cyclic schemes, though it is almost always better than GRS-1.

It should be noted that all three Cyclic schemes give optimal performance for 2 and 3 disks. Thus for range

queries, the choice of skip values made for nearest-neighbor queries (NN) gives as good performance as those

chosen speci�cally for range queries (EXH). It should also be noted that the NoD scheme is inapplicable

because not all dimensions have two buckets only (actually all have four buckets).

The second set of experiments was conducted to study the performance of the schemes with di�erent
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Figure 17: Parallel I/O for direct and indirect neighbors (8 dimensions, variable partitioning)
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Figure 18: Performance for Range queries (8 dimensions N = 4)
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Figure 19: Costs for Range queries with variable N (8 dimensions)

values of Ni in di�erent dimensions, as done for nearest-neighbor queries earlier. This is a more reasonable

choice for partitioning in higher dimensions as explained earlier. We used an 8-dimensional dataset with

N1 = 16; N2 = 16; N3 = 8; N4 = 8; N5 = 4; N6 = 4; N7 = 2 and N8 = 2. The results are shown in Figure

19. The performance of most schemes remains unchanged, except for the NN scheme which has poorer

performance for large numbers of disks. One likely cause for this e�ect is that the choice of which skip value

to use for which dimension is made arbitrarily for the NN scheme. While this is not an important factor for

most cases, with the speci�c distribution of tiles (16, 16, ..., 2, 2) we expect that with a di�erent assignment

of skip values to tiles NN would regain its better performance.

5.4 Hybrid Queries

In this section we study queries having both range and nearest-neighbor components. As explained earlier,

we consider an eight dimensional dataset for which the �rst three dimensions are queried using ranges and

the remaining �ve are queried using a nearest-neighbor search.

The �rst experiment was conducted with N = 4 for each dimension. Figure 20 gives the results for range

plus direct and indirect neighbors. Figures 21 (a) and (b) give the results for range plus direct, and range

plus indirect neighbors respectively. The EXH Cyclic scheme gives the best performance. The NN scheme

has poorer performance as in the previous experiment. The GFIB Cyclic scheme and GRS-1 have quite

variable performance, but in general GFIB outperforms GRS-1 more often. The relative performance for

both direct and indirect neighbors plus range is very similar.

The second experiment represents a more likely choice of Ni when a combination of range and nearest-

neighbor queries are being evaluated. The number of buckets along the range dimensions is chosen to be
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Figure 20: Range plus direct and indirect neighbors (8 dimensions, N = 4)
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Figure 21: Hybrid Queries with 8 dimensions and N = 4
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Figure 22: Range plus direct and indirect neighbors for variable Ni (8 dimensions)

32, and along the nearest-neighbor dimensions it is chosen to be 2, i.e., N1 = N2 = N3 = 32, N4 = N5 =

N6 = N7 = N8 = 2. The results for range plus direct and indirect neighbors are shown in Figure 22. The

performance of all schemes gets worse as the number of disks increases. With the exception of the case

for 4 disks, GRS-1 is ourperformed by the Cyclic schemes. Among the Cyclic schemes, EXH gives better

performance than GFIB. EXH gives the best performance for most cases.

6 Concluding Remarks

The problem of eÆcient similarity searching is becoming important for databases as non-textual information

is stored. The problem reduces to one of �nding nearest-neighbors in high-dimensional spaces. In this paper,

a new disk allocation method for declustering high-dimensional data to optimize nearest-neighbor queries is

developed. The new scheme, called NN Cyclic allocation, is simple to implement and is a general allocation

method in that it imposes no restrictions on the partitioning of the data space. Furthermore, it exploits the

availability of any number of disks to improve performance. Finally, by varying the skip values the method

can be adapted to yield allocations that are optimized for various criteria.

We demonstrate the superior performance of the Cyclic approach compared to existing schemes both those

that were originally designed for range queries (FX, DM and HCAM) as well as those designed speci�cally

for nearest-neighbors (NoD). The EXH and GFIB Cyclic schemes developed for range queries were also

considered. The FX and DM schemes are found to be inappropriate for nearest-neighbor queries. HCAM

performs reasonably well for odd numbers of disks, but extremely poorly for even numbers. The GRS schemes

were consistently outperformed by the Cyclic schemes. NoD was found not to achieve as much parallelism

as Cyclic for most cases, except when retrieving only direct neighbors with a small number of disks. NoD

also has the potential to give better performance for some dimensions when the number of disks is close

to that required to achieve near-optimality. On the other hand, NoD is restricted to 2-way partitioning of
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each dimension, and its cost remains the same even when more disks beyond those required for near-optimal

declustering are available. This results in a saturation of the gains produced by NoD beyond this point. In

contrast, the Cyclic approach is not restricted to 2-way partitioning and makes use of all available disks. In

fact, its cost tracks the lower bound and reduces as the number of disks increases. Overall we observe that

the EXH and NN Cyclic schemes give the best performance for nearest-neighbor queries more consistently

than any other scheme.

In addition to Nearest-neighbor queries, we evaluated range as well as hybrid queries. In each of these

experiments, the EXH Cyclic scheme was found to have the best performance. It is important to note that

the choice of skip values for EXH was not varied for the di�erent experiments or query types. The EXH

Cyclic scheme showed the best performance in the vast majority of cases considered. In the instances that

it was outperformed, its performance was not far from the best performing scheme. This is not true of any

other scheme. It is therefore the best choice for declustering data for range, nearest-neighbor, and hybrid

queries.
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